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Introduction. The electroacoustic application of wear-
resistance coatings is studied. The work objective is to obtain a 
mathematical model of the ultrasonic effect on the formation 
and development of an electric spark occurring in the process 
of the electroacoustic sputtering. 
Materials and Methods. The effect of ultrasonic vibrations on 
the processes occurring during the formation and development 
of a spark discharge is analyzed; the equations of continuity, 
energy motion and transfer, with the ultrasonic field 
contribution are considered. Factors affecting the thermal 
conductivity and electrical conductivity of strongly ionized gas 
are studied. 
Research Results. When obtaining the model, it was assumed 
that the heat removal from the channel is carried out by a 
“clear emitter”. Then, for the channel region, a self-similar 
solution is made: pressure, temperature and density are 
constant over the cross-section, and velocity is proportional to 
the radius. A mathematical model that describes the processes 
occurring in the spark channel with the ultrasonic field energy 
effect is obtained. 
Discussion and Conclusions. On the basis of the developed 
model, it is specified that under the ultrasonic radiation effect, 
the radius and temperature of the spark channel increase, and 
conditions of the double ionization under high ultrasonic 
energy are created. 

 Введение. Статья посвящена изучению процесса 
электроакустического нанесения износостойких 
покрытий. Целью работы является получение 
математической модели влияния ультразвука на процессы 
формирования и развития электрической искры, 
происходящей в процессе электроакустического 
напыления. 
Материалы и методы. В основе анализа влияния 
ультразвуковых колебаний на процессы, протекающие 
при формировании и развитии искрового разряда, 
рассмотрены уравнения непрерывности, движения и 
переноса энергии с учетом вклада ультразвукового поля. 
Учтены факторы, влияющие на теплопроводность и 
электропроводность сильно ионизованного газа. 
Результаты исследования. При получении модели были 
сделаны предположения, что отвод тепла из канала 
осуществляется «прозрачным излучателем». Тогда для 
области канала было принято автомодельное решение: 
давление, температура и плотность постоянны по 
сечению, а скорость пропорциональна радиусу. Получена 
математическая модель, описывающая процессы, 
протекающие в искровом канале с учетом влияния 
энергии ультразвукового поля.  
Обсуждение и заключения. На основании построенной 
модели установлено, что под действием ультразвука 
увеличивается радиус и температура искрового канала, а 
также создаются условия двукратной ионизации при 
высоких энергиях ультразвука. 
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Kudryashev S. B., Zakalyuzhny, A.A. Ultrasonic effect on electric spark forming and development in electroacoustic spraying 
 

Introduction. When applying wear-resistant coatings by electroacoustic spraying, a relatively narrow 
conductive channel with high temperature and ionization is formed, in which Joule heat is released, which leads to an 
increase in pressure and expansion of the channel. The expanding channel acts like a piston on the rest of the gas, and, 
since the expansion occurs at supersonic speed, it causes a shock wave, which propagates in front of this kind of piston. 
The temperature in the shock wave region is much higher than in the undisturbed gas, and the temperature in the 
channel itself is many times higher than in the shock wave. Accordingly, the density of the gas in the channel is very 
small; the vast majority of the mass of the moving gas is displaced from it, which makes it possible to consider the 
channel boundary as a piston [1]. 

The very fact of the formation of a narrow channel can be understood as follows: under the ultrasound action, 
as well as after the gas breakdown and the appearance of conductivity in the places of the current flow, Joule heat is 
released. The electrical conductivity of the gas is known to increase strongly with temperature. Thus, at a high degree of 
ionization, when the collision of electrons with ions is significant, the electrical conductivity is proportional to 3 2T . 
With small ionization, this dependence is sharper, since with the growth of T, the degree of ionization rapidly increases, 
and, consequently, there is a tendency to the current concentration in a relatively narrow channel. In places where the 
temperature is higher, the conductivity of the current is greater, so there is more current flowing, and more heat is 
released. This leads to even more heating and so on [2].  

Physical processes determining the width of the channel and the limit of current concentration is heat transfer 
from the channel and the extension of the heated area under the action of pressure. The channel can be considered to be 
the area to the point where the temperature and the degree of ionization decreases significantly. In the channel, the 
inertia of the gas can be neglected, but it is necessary to take into account the release and transfer of heat. In the shock 
wave region, inertia must be taken into account, but electrical and thermal conductivity can be neglected. These two 
areas are separated by a transition layer – the “shell” of the channel. Heating and ionization of the gas entering the 
channel occurs in the shell [3, 4]. 

Materials and Methods. The main equations are the equations of continuity, motion and energy transfer 
taking into account the action of the ultrasonic field. They have the form of [5, 6] 
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(1) 
 

(2) 
 

(3) 

where  is density, V is velocity, p is pressure,  is internal energy per unit mass of gas, q is heat flux, j is 
current density, E is electric field, U is contribution to the ultrasonic field. 

The equation of state has the form 

   1e i ap n n T T z m      (4) 

where ma is the average mass of an atom; ne,ni is the number of electrons and ions per unit volume; z is the 
average charge of an ion; ne=zni. Temperature is expressed in energy units. 

We assume that the ionization in the channel can be calculated by Saha ionization equation. The internal 
energy of the gas is 

 
3 3
2 2 1a

p I p I
m z T

 
     

    
 

(5) 

where I is the total ionization energy plus the dissociation energy per atom. The formula (5) is convenient to 
use in the case of full ionization; with incomplete ionization with increasing T, the value of I also increases. At the same 
time, as follows from Saha ionization equation, I/T const, so for  , the following formula is more convenient: 

1
1

p
 

  
 

 

(6) 

where  is the effective adiabatic index; for air  =1.22.  

Electrical conductivity  and thermal conductivity  of highly ionized gas are equal to 



ht
tp

://
ve

st
ni

k.
do

ns
tu

.ru

308

Vestnik of Don State Technical University. 2018. Vol. 18, no. 3, pp. 306–310.   ISSN 1992-5980 eISSN 1992-6006 

 
     3 2 3 2 2

1 3 4 2T T z T e m        

  5 2
1 z T    

(7) 

Here, e, m is the charge and mass of an electron,   3 2 3ln 3 4 eT ze n   , (z) is the dimensionless 

coefficient. For z=1, the value is  = 1.95. The value 2 e T  , under the Wiedemann–Franz law, of the 1st order. For 

=5 1(1)=3,4.1013sec—1eV-3/2, 

1(1)=3,9.1020 cm-1 sec-1eV-5/2. 
Research Results. Let us suppose that the time dependence of the channel radius, the boundary of which plays 

the role of the piston displacing the gas, has the form of a(t)=Atk; the motion in the shock wave region is determined by 
two dimensional parameters A,. 

In the equations (4)–(6), we introduce dimensionless notation (ac — the radius of the wave front) 
        2

0 0,  ,  ,  c c cx r a t x V x V a p x p a           (8) 

Neglecting heat release and transfer, let us write the system (1)–(3) in the form 
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 

 
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1 11 0
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dp dxVV x
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 

 

 
 

(9) 

with boundary conditions at x=1 
       1 1 ,  2 1 ,  2 1V p               (10) 

The position of the piston is determined by the point where V=x. The pressure on pk piston can be expressed 
through the piston speed. 

2
0k pp K a  , (11) 

where “resistance coefficient” Kp0,9 (Kp=p(a)a2/a2c) is deduced from the numerical solution of the system (9). 
We neglect the radiation and assume that 

dTq
dr

   
(12) 

Let the temperature T in the channel be much greater than that required for the complete ionization, therefore, 
on the edge, T is much less than in the center. Let us suppose that T=0 at r=a. We introduce dimensionless notations 

   
2

2
0

1 5,  ,  ,  
2 2 2

r T r r V r q V rs s u y
T a a a a pa a aa t

                    
, 

(13) 

where Т0 is the temperature on the axis. We consider the pressure to be constant along the channel cross-section. 
If the heat is removed from the channel by a “clear emitter”, a simple self-similar solution can be specified for 

the channel area: pressure, temperature and density are constant over the cross section, and the speed is proportional to 
the radius. The temperature drop is concentrated in the shell. In the same place, the radiation is absorbed and the 
ionization of the gas entering the channel takes place. Considering the shell to be thin, it is possible to obtain a system 
of equations for the main parameters of the channel. In general, you can use these equations to estimate them as a 
mathematical model that describes, although roughly, the main processes in the channel. This takes into account the 
approximate action of ultrasound and thermal conductivity [7]. 

The energy balance equations for the channel and the shell have the form 
2 

j U
dW d ap Q Q
dt dt


   , 

(14) 

t R
p dM Q Q

dt
 
     

, 
(15) 

where M, W is the mass and energy of the gas in the channel. The equation (15) is obtained by integrating (3) 
over the cross section of the channel (including the shell) without assuming the form of distribution of values over the 
cross section. For a homogeneous model, let us suppose 
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of equations for the main parameters of the channel. In general, you can use these equations to estimate them as a 
mathematical model that describes, although roughly, the main processes in the channel. This takes into account the 
approximate action of ultrasound and thermal conductivity [7]. 

The energy balance equations for the channel and the shell have the form 
2 

j U
dW d ap Q Q
dt dt


   , 

(14) 

t R
p dM Q Q

dt
 
     

, 
(15) 

where M, W is the mass and energy of the gas in the channel. The equation (15) is obtained by integrating (3) 
over the cross section of the channel (including the shell) without assuming the form of distribution of values over the 
cross section. For a homogeneous model, let us suppose 
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2,  W M M a     . 
The equations (14), (15) are the consequence of the law of energy conservation. The expressions for the release 

of heat Qj due to the electric field and heat QU due to the ultrasonic field, as well as for the heat removal by radiation QR 
and thermal conductivity QT , can be taken as 

2 2 ,      j UQ j a Q      (16) 

 2 , ,      1,3 2  R R TQ a Q p T Q T      (17) 

where  is the frequency of ultrasonic vibrations,  is the dimensional coefficient. 
Comparing (14) and (15), we obtain that 

   T R j UQ Q Q Q    , (18) 

where   is a coefficient of the 1st order. If T is independent of t, then 

 
112 2

2
21 1 2 d aa

dt

  
        
   

 
(19) 

Let us consider the channel in air with the conductivity of  =2.1014sec-1; Kp=0.9;  =1.2; j t; hence  =4.5. 
For the radius of the channel, we get the expression 

 
1 1 11

6 3 260,93 1a j t


    (20) 

Here, a is measured in mm, j – in kA, t – in µs; 0 =1.29.10-3 g / cm3 under the atmospheric pressure. If the 
shock wave is weak, the radius is similarly deduced from (19).  

Table 1 gives values of the radius calculated by the formula (20), with different values of   and t (µs) at the 
discharge voltage V=30 V, and the battery capacity c=0.15 µF, and inductance of circuit L=4 nH (corresponding to 
j=V/L=7.5 109 A/sec). 

Table 1 
The channel radius for different values of , t 

T 
 

0.3 0.5 1 

0 0.65 1.00 1.62 
1 0.73 1.12 1.82 
2 0.78 1.20 1.95 
3 0.82 1.26 2.04 

Let us estimate the temperature in the channel. We believe that  1, for the same discharge as above at the 
time t=1 µs at L=4 nH we have that   131 1,7 10j UQ Q    erg / cm sec. If we assume that all heat is transferred by 

the electronic thermal conductivity, and the radiation is neglected, we obtain that  
T4(1+)eV.  Taking T=4eV we find that the number of ions per unit volume in this case is nj =9.1017, which in order 
corresponds to the experimental values. 

Discussion and Conclusions. Based on the constructed approximate model, the following conclusions can be 
made about the effect of ultrasound on the development of the spark channel. 

1. The radius of the channel increases by (1+)1/6 times in comparison with the case when there is no 

ultrasound, where   is the ratio of the energies of the electric and ultrasonic fields. 

2. The temperature in the channel increases proportionally (1+) under the assumption that the outflow of heat 
is carried out by the electronic thermal conductivity. 

3. Already at the moment of the shock wave formation, almost complete ionization occurs in the channel, and 
conditions for double ionization at high ultrasound energies can be created. 
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