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Abstract  
Introduction. Increasing the durability of gas turbine engine (GTE) blades is achieved through the use of special 
protective coatings on their surface. For the development of such coatings, the basic source information is the geometric 
profile of the blade section. To transfer a given blade cross-section profile to the appropriate CAD/CAM system or 
engineering analysis package, parametric modeling methods are used to automate this operation. However, the known 
approaches to creating a parametric model of a blade profile are not without a number of disadvantages, and a generally 
accepted method for creating it does not currently exist. The research was aimed at creating a technique for approximating 
the profile of gas turbine engine blades, convenient for use in the subsequent analysis of the operating conditions of 
special coatings on the surface of the blades. 
Materials and Methods. When constructing parametric models of the profile of gas turbine engine blades, a method based 
on the orthogonal Legendre polynomials was used. This made it possible to provide high accuracy of approximation and 
construction of a continuous mapping for the parameters of the blade profile approximation. A Python application was 
created for automated processing of source profiles. It provided the calculation of the coefficients of approximating 
polynomials for the contour lines of the blade, visualization of the calculation results, and creation of a dxf file based on 
the points of approximating functions to transfer it to the CAD system. Next, geometric models of blades were used to 
solve the problem of a stationary aerodynamic flow around a blade. The results of solving this problem were used to study 
the effect of the blade profile on its cooling in an aerodynamic flow.  
Results. As an example, three options of blade profiles belonging to different types of GTE were considered. It was shown 
that for all three studied profiles, the proposed technique provided obtaining parametric models that maintained high 
accuracy in constructing approximating lines, which was confirmed by the values of the determination coefficients close 
to unity. To illustrate the possibility of using the obtained models, examples of solving the gas dynamic problem with a 
potential flow around a blade in a stationary aerodynamic flow were given. The distributions of pressure and temperature 
on the surface of the blade were calculated using the finite element method. 
Discussion and Conclusion. The calculation results show that the proposed technique of approximating the profile of the 
GTE blade, based on the use of orthogonal polynomials, is a convenient tool to automate the creation of a geometric model 
of the blade and compare different types and profiles of blades, solving the corresponding gas dynamic problems. At the 
same time, for a given blade profile and GTE operating conditions, it is possible to obtain the distribution of temperatures 
and forces acting on the surface of the blade, which is required for predicting the durability of special coatings. 
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Аппроксимация профиля лопаток газотурбинных двигателей 
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Аннотация 
Введение. Повышение долговечности лопаток газотурбинных двигателей (ГТД) достигается за счет применения 
специальных защитных покрытий их поверхности. Для разработки таких покрытий основной исходной 
информацией является геометрический профиль сечения лопатки. Для передачи заданного профиля сечения 
лопатки в соответствующую CAD/CAM-систему или пакет инженерного анализа применяются методы 
параметрического моделирования, позволяющие автоматизировать данную операцию. Однако известные 
подходы к созданию параметрической модели профиля лопатки не лишены ряда недостатков, и общепринятой 
методики ее создания в настоящее время не существует. Целью данной работы является создание методики 
аппроксимации профиля лопаток ГТД, удобной для использования при последующем анализе условий работы 
специальных покрытий поверхности лопаток.  
Материалы и методы. При построении параметрических моделей профиля лопаток газотурбинных двигателей 
авторами использован метод, основанный на применении ортогональных полиномов Лежандра. Это позволило 
обеспечить высокую точность аппроксимации и построение непрерывного отображения для параметров 
аппроксимации профиля лопатки. Для автоматизированной обработки исходных профилей создано приложение 
на языке Python, позволяющее вычислять коэффициенты аппроксимирующих полиномов для линий контура 
лопатки, визуализировать результаты расчета и создавать по точкам аппроксимирующих функций dxf-файл для 
передачи его в CAD-систему. Далее геометрические модели лопаток использовали для решения задачи обтекания 
лопатки стационарным аэродинамическим потоком. Результаты решения этой задачи использованы при 
исследовании влияния профиля лопатки на ее остывание в аэродинамическом потоке.  
Результаты исследования. В качестве примера рассмотрены три варианта профилей лопаток, относящихся к 
разным типам ГТД. Показано, что для всех трех изученных профилей предложенная методика позволяет 
получать параметрические модели, обеспечивающие высокую точность построения аппроксимирующих линий, 
что подтверждается близкими к единице значениями коэффициентов детерминации. Для иллюстрации 
возможности использования полученных моделей приведены примеры решения задачи газовой динамики при 
потенциальном обтекании лопатки в стационарном аэродинамическом потоке. Методом конечных элементов 
рассчитаны распределения давлений и температур на поверхности лопатки. 
Обсуждение и заключение. Результаты вычислений показали, что предлагаемая методика аппроксимации профиля 
лопатки ГТД, основанная на использовании ортогональных многочленов, является удобным инструментом, 
позволяющим автоматизировать создание геометрической модели лопатки и проводить сравнение различных типов 
и профилей лопаток, решая соответствующие задачи газовой динамики. При этом для заданного профиля лопаток 
и условий работы ГТД можно получить распределение температур и усилий, действующих на поверхности лопатки, 
что необходимо для прогнозирования долговечности специальных покрытий.  

Ключевые слова: лопатки газотурбинных двигателей, профиль сечения, аппроксимация, ортогональные 
многочлены 
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Introduction. Turbine blades are the most highly loaded parts of a gas turbine engine (GTE), the durability of which 
mainly determines the engine overhaul time [1]. One of the ways to increase the durability of turbine blades is to apply 
special protective coatings on their surfaces [2]. The coating is a complex composite structure. To select materials for it 
and determine its optimal geometric characteristics, it is necessary to know the operating conditions of the part: the 
distribution of temperatures, pressures, and shear stresses on the surface of the blade. 
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The highest requirements are posed on the shape of the blades, as well as on the selection of materials, their 
manufacturing technique, and special coatings [3]. When designing special coatings, the basic initial information is the 
geometric profile of the surface of the part, since the parameters of the coating manufacturing process are set on its basis. 

Among the characteristic elements of the profile, the following can be distinguished: chord — distance between the 
most distant points with a horizontal arrangement of the blade, like an airplane wing; suction side — upper part of the 
profile; pressure side — lower part of the profile; leading and trailing edges [4]. 

The shape of the blade cross-section profile is selected both on the basis of experimental studies of pilot units and 
actual engines [5], as well as on the results of numerical experiments on models [6]. In the course of numerical simulation, 
we study the task of creating a geometric model of the blade based on a given cross-section profile and transferring it to 
the appropriate CAD/CAM system [7], or an engineering analysis package [8], in which the parameters of the physical 
properties of the materials of the parts are set, the boundary conditions of the problem are determined, and calculations 
are performed. 

Traditionally, when creating a blade drawing, its profile is described by a set of circular arcs, which is then transferred 
point-by-point to the module for developing a geometric model and generating a grid of finite elements. The disadvantage 
of this approach is that when building each new model, you have to manually create its profile in the graphical editor. In 
this regard, methods of parametric modeling of the blade cross-section profile are proposed to automate this operation. 
One of the most well-known models is the nine-parameter RATD (Rapid Axial Turbine Design) model described in [9]. 
At the same time, the practice of using RATD has revealed certain disadvantages inherent in this model, specifically, the 
inconvenience of using it when optimizing the geometry of the profile, as well as insufficient accuracy. On this basis, the 
authors [10] proposed a modified version of this model, which included a larger number of parameters. Methods of 
parametric modeling of blade cross-section profiles are also actively used in domestic practice. Thus, in [11, 12], 
algorithms for the automated construction of the blade profile using approximation by curves from a set of parabolas and 
Bezier curves of the second order were proposed. In [13], a method for designing a grid of GTE profiles based on these 
algorithms was described. The use of parametric models of blade profiles in solving optimization problems was 
considered by the authors in [14, 15]. 

At the same time, it should be noted that the existing methods of parameterization of the blade profile are not without 
a number of disadvantages. The main disadvantage of traditional blade profile parameterization schemes based on the use 
of second-order curves is that different functions have to be used for different parts of the workpiece to maintain the 
accuracy of the description. At the same time, these functions do not form an orthogonal system, and the values of the 
parameters determined by the approximation of the existing profile by the least squares method turn out to be correlated. 
This leads to the fact that it is not possible to construct a continuous mapping for a set of parameters when the system 
approximates the cross sections of the three-dimensional surface of the blade of double curvature. 

It should also be noted that there is currently no universal technique for parametric modeling of GTE blade profiles, 
and the selection of a specific technique depends both on the goals of modeling and on the characteristics of the specific 
type of engine being designed. However, the forms of input information can vary significantly. It can be a geometric 
model in the form of a file in the format of one of the CAD systems, or just a set of points from a database of profiles 
of the type [16]. 

Thus, an additional requirement for the parametric modeling technique of the blade profile, due to the purpose of the 
model, is versatility with respect to the format of the source data. 

This research was aimed at the creation of the technique for approximating the profile of the GTE blades, free from 
the above disadvantages and convenient for use in the subsequent analysis of the working conditions of special coatings 
on the surface of the blades. This was demonstrated by the example of solving the problem of gas dynamics for three 
different blade models, whose profile was parameterized through the proposed technique.  

Materials and Methods. The authors used an option of parametric models of the blade profile based on the orthogonal 
Legendre polynomials [17]. A Python application was created for automated processing of source profiles. This made it 
possible to calculate the coefficients of approximating polynomials for the contour lines of the blade, visualize the 
calculation results in the form of graphs of initial points and approximation curves for the suction and pressure sides of 
the blade, save the initial points of the profile, an array of coefficients of approximating polynomials and the coefficient 
of determination of the model in the database, and create a dxf file based on the points of approximating functions to 
transfer it to the CAD system and an engineering analysis package. 

The constructed two-dimensional geometric models of the blades were used to solve the problem of a stationary 
aerodynamic flow around the blade in the approximation of potential flow. The velocity distributions calculated as a result 
of solving this problem in the flow were used to study the effect of the blade profile on its cooling in the aerodynamic flow.  

Calculation method. The orthogonal polynomial systems used as the basis of the proposed method provide linear 
independence of the approximation coefficients and are devoid of a disadvantage that causes difficulties in constructing 
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models that are continuous in parameters. The degree of polynomials is selected to be high enough — of the ninth order, 
so that the set of two polynomials for two parts of the profile (suction and pressure sides) is twenty parameters, which is 
sufficient for approximating very complex profiles. The type of the approximating function and the method of calculating 
estimates of its coefficients are described below.  

We denote the approximating line of the blade profile using function y(x). The expression of this line in the case of a 
number of Legendre polynomials of the ninth degree is represented as: 

 ( ) ( )
9

0
,i i

i
y x a L x

=
=∑  (1) 

where ai — coefficients that are parameters of the model; Li(x) — Legendre polynomials calculated by formulas: 

 0 1;L =   
 1 ;L x=   

 ( )2
2 3 1 2;L x= −   

 ( )3
3 5 3 2;L x x= −   

 ( )4 2
4 35 30 3 8;L x x= − +   

 ( )3 3
5 63 70 15 8;L x x x= − +  (2) 

 6 4 2
6 231 16 315 16 +105 16 5 16;L x x x= − −   

 7 5 3
7 429 16 693 16 +315 16 35 16 ;L x x x x= − −   

 8 6 4 2
8 6435 128 3003 32 +3465 64 315 32 +35 128;L x x x x= − −   

 9 9 7 5 3
12155 6435 9009 1155 315= + + .

128128 32 64 32
L

xx x x x
− −   

Let the coordinates of the initial blade profile be given by a set of points ( ) , 1, , .c c
iiy y x i N= = …  Substituting 

values xi in functions (2), we obtain matrix X of size N × 10. The coefficients of the approximating polynomial for the 
given blade profiles were found by the least squares method from the minimum condition of the sum of squared deviations 
of the given values c

iy  and calculated through the regression equation (1): 

 ( )( )2

1
= .

N c
i i iii

â y y a , x min
=

− →∑  (3) 

The estimates of coefficients iâ  were calculated using the well-known regression analysis formula:  

 ( ) 1
,T Ta = X X X y

−
 (4) 

where a — notation for the vector of coefficient estimates; y — for the vector of points of given profile .c
iy  

The approximation accuracy was estimated by the determinacy coefficient of the model (the coefficient of 
determination R2), which, with a good approximation, should be close to unity: 

 
( )( )
( )

2

2
21 ,

c
i i

c c
i

y x y
R

y y

−
= −

−

∑
∑

 (5) 

where cy — average value of .c
iy  

In design practice, it is customary to describe the leading and trailing edges of the contour of the blades with the radii 
of circles. In this regard, the coordinates of the points of the approximated profiles between the arcs of the circles of the 
leading and trailing edges were considered in this paper. For the purposes of approximation, the contour of the blade in 
question was assumed to be horizontal, so that the blade chord line coincided with the abscissa axis of the Cartesian 
coordinate system. To preserve the orthogonality condition of the models, size normalization is mandatory. In this regard, 
all dimensions were normalized by the length of the blade chord, so that the abscissas of the profile points lay in the range 
of 0.1. This provided the orthogonality of functions (2) with coefficients calculated by formulas (4). 

Research Results. Table 1 shows the coefficients of approximating polynomials for blade profiles belonging to 
different types of GTE to study the heat fatigue of a thermal-protective coating consisting of two metal and ceramic layers: 
profile of the compressor blade C8626 [13], profile of the NASA blade of a highly efficient high-pressure GTE [18], and 
profile of the simulator blade used in [19].  
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Table 1 

Coefficients of approximating polynomials for blade profiles from different sources 

Coefficients [13] [18] [19] 
suction side pressure side suction side pressure side suction side pressure side 

0a  142.4250 –123.0993 –1275.6471 717.8336 –1043.6707 527.0915 

1a  –374.3446 324.9875 3328.6126 –1868.9670 2719.5055 –1369.9895 

2a  477.9332 –417.7186 –4181.1239 2338.1048 –3406.1466 1707.9198 

3a  –444.4554 392.7204 3794.0526 –2108.4202 3077.0694 –1531.8025 

4a  324.6819 –292.0489 –2684.7257 1479.0172 –2164.2992 1066.1471 

5a  –189.2284 174.3673 1502.4170 –818.4219 1201.7203 –583.7501 

6a  86.8260 –82.4103 –654.4877 351.5869 –518.2516 247.3087 

7a  –30.0775 29.5457 211.8930 –111.9355 165.6344 –77.2958 

8a  7.1533 –7.3024 –46.0284 23.8450 –35.3931 16.0493 

9a  –0.9024 0.9652 5.1021 –2.5861 3.8411 –1.6752 
2R  0.9999 0.9993 0.9896 0.9990 0.9982 0.9994 

Figure 1 shows the starting points of these profiles and the corresponding approximating lines.  

 
a) 

 
b) 

 
c) 

Fig. 1. Initial points and approximating lines of blade profiles presented in Table 1,  
sources of blade profiles: a — [13]; b — [18]; c — [19] 

  

в) 
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As mentioned above, the aim of parameterization in this paper is to approximate the profile by a continuous function 
followed by modeling the distribution of external parameters over the surface of the blade. To illustrate the possibility of 
solving this problem, we consider a simple two-dimensional model of a blade in a stationary aerodynamic flow, in the 
approximation of potential flow. In this case, the distribution of the velocities of flow v(x, y) is described by the equation:  

 ,xv

y

∂ψ 
 ∂ =

∂ψ − ∂ 

 (6) 

where function ψ is found from the solution to the Laplace equation: 
 0,∆ψ =  (7) 

which in this case corresponds to the incompressibility condition ( )0v∇⋅ =   and vortex-free flow ( )0 .v∇× =  

The boundary condition for function ψ will be equal-zero velocity in the normal direction of the blade surface, which 
means that ψ is constant on this surface.  

We denote the profile line of the blade surface by S and search for a solution to equation (7) in region Ω, bounded by 
the outer part with respect to S and the inner part with respect to circle C of a sufficiently large diameter, compared to the 
length of the blade chord, so that the flow is homogeneous on surface C. That is, the conditions are set at the boundary of 
the domain Ω S C∂ = ∪ : 

 0, ,S C v x⊥
∞ψ = ψ = ⋅  (8) 

where v∞  — uniform flow velocity vector.  
After calculating the velocities, the pressure distribution can be found using the Bernoulli equation: 

 
2

,
2
vp B ρ

= −  (9) 

where ρ — gas density; B — Bernoulli's constant, which can be set equal to 
2

,
2
vp ∞

∞
ρ

+  where p∞  — pressure at an 

infinite distance from the blade.  
The variational formulation of problem (7) looks like this: 

 ( )1
00, Ω .w w H

Ω

∇ψ∇ = ∀ ∈∫  (10) 

The solution to this problem was carried out by the finite element method. For comparison, the calculation was 
performed for three variants of blade profiles, shown in Table 1, with the same chord length 𝑙𝑙. 

The obtained results were further used in solving the problem of cooling the blade in an aerodynamic flow. Such a task 
makes sense for thermocyclic testing of coatings on simulator blades. In this case, the problem statement looked as follows:  

 ( ) 0,tT T v T∂ −∇ ⋅ κ∇ + ⋅∇ =  (11) 

where T — temperature; t — time; κ — thermal diffusivity coefficient. 
Initial temperature distribution: 

 ( ) ( )00,T t x T x= =  (12) 

was assumed to be as follows: inside the blade, a constant temperature was 400°С, ambient temperature was 0°С. The 
boundary conditions corresponded to the absence of heat flow on the outer contour C: 

 
, 0

, 0
= 0, = 0.C v n

C v n

T T
n ⋅ <

⋅ >

∂
∂

 (13) 

The distribution of flow velocities in problem (11) was calculated when solving problem (10), while the velocity on 
contour C was assumed to be [ ]10v l s=  (length dimension in units of chord length). The thermal conductivity 

coefficients of the blade and gas were assumed to be 0.1 and 0.01 2 ,l s   respectively.  

The program code for solving problems (10), (11) was written in the input language of the universal finite element 
package FreeFem++ [20].  
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Figure 2 shows the pressure and temperature distributions calculated as a result of solving problems (11), (12), when 
the blade cools down for 25 seconds in the aerodynamic flow for the three studied blade profiles shown in Figure 1. 
Table 2 shows the calculated values of the minimum relative pressures near the blade surfaces and the maximum 
temperatures of the blades. 

  
p T 

a) 

  
p T 

b) 

  
p T 

c) 

Fig.2. Calculated distributions of pressure (p, left) and temperature (T, right) when modeling the flow and cooling in the flow of 
the blades of the studied profiles (profile designations — as in Fig. 1). Flow vector direction angle with blade chord direction was 10о  

Table 2 

Minimum relative pressure near the surface of the blade  
and maximum temperature of the blade after 25 s cooling 

in the aerodynamic flow 

Parameters  Blade profile 

[13] [18] [19] 

minp p∞  0.599 0.699 0.720 

( )25 , CmaxT t = °  156.9 245.2 263.4 
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Discussion and Conclusion. Judging by the data presented in Table 1, the coefficients of determination 𝑅𝑅2 for all 
studied blade profiles were close to unity, despite the fact that the shapes of the profiles differed significantly. This 
confirms the good quality of the approximation and is also illustrated by the data in Figure 1. Thus, the proposed method 
makes it possible to construct approximating blade profile lines for various types of GTE with high accuracy. 

The paper also illustrates the possibility of using approximating functions under calculating the distribution of 
pressures and temperatures on the surface of the blade on the basis of solution to the problem of gas dynamics. Further, 
this distribution can be used to optimize the structure of special blade coatings, such as heat-protective coatings. The data 
shown in Figure 2 and in Table 2, confirm that this task can also be successfully solved. The patterns of pressure and 
temperature distributions for different blade profiles have common features, but the detailed picture differs. It can be seen, 
specifically, that the blade of the profile [19], which has a larger cross-sectional area compared to the others, is 
characterized by a higher value of relative pressure in the area of the outlet edge and a lower cooling rate. This is also 
illustrated by the data given in Table 2. Since, from the point of view of the strength of the adhesive bond of the coating 
with the substrate, the most dangerous forces are directed normally away from the surface of the blade, the relative 
minimum pressure near the surface is relevant. Its values are presented in Table 2. With account to the calculation 
obtained, it is possible to reasonably approach the design of a special coating for the surface of a blade of a specific 
profile: adjust the materials and thickness of the coating depending on the degree of loading of individual surface areas. 

Note that these calculation results are presented only as an illustration of the possibilities of the proposed profile 
approximation technique. Therefore, the model of gas dynamics used in the work is quite simplified. In a specific task, it is 
necessary to use a more rigorous model with parameters corresponding to the specified type and mode of the GTE operation. 

Thus, the proposed technique for approximating the blade profile of the GTE, based on the use of orthogonal 
polynomials, is a convenient tool that provides automating the development of a geometric model of the blade and 
comparing different types and profiles of blades, solving the corresponding problems of gas dynamics. At the same time, 
for a given blade profile and working conditions of a GTE, it is possible to obtain a distribution of temperatures and forces 
acting on the blade surface, which is required to predict the durability of special coatings [21]. Based on this calculation, 
it is possible to optimize the coating technology by varying its thickness and/or composition, increasing the coefficient of 
durability in the most dangerous areas. 
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