
Advanced Engineering Research (Rostov-on-Don). 2024;24(2):178–189. eISSN 2687−1653 

 

 

ht
tp

://
ve

st
ni

k-
do

ns
tu

.ru
  

178 

  

UDC [004.032.26:004.94:621.91](083.13) Original Theoretical Research 
https://doi.org/10.23947/2687-1653-2024-24-2-178-189 

Implementation of a Digital Model of Thermal Characteristics Based  
on the Temperature Field 
Vladimir V. Pozevalkin , Alexander N. Polyakov  
Orenburg State University, Orenburg, Russian Federation 
 pozevalkinvv@mail.ru 

Abstract 
Introduction. Computer modeling allows engineers to make valid design decisions by accurately assessing the thermal 
characteristics of design objects. The implementation of digital twin technology in the process of designing technical 
facilities is the current direction of scientific research and development. To do this, it is necessary to develop computer 
models whose accuracy meets the requirements for digital twins. However, the scientific literature does not widely present 
the results of research aimed at implementing digital twin technology in the design process. The general issues related to 
the use of digital twins in various industries are mainly considered. Therefore, the objective of this study was the 
development of a digital model and a comparative analysis of the accuracy of calculations of thermal characteristics of 
the design object. 
Materials and Methods. The main tool for conducting the research was the methodology proposed by the authors for 
developing a computer model of thermal characteristics for the implementation of digital twin technology. The numerical 
solution was implemented through constructing a thermal model for calculating the temperature field based on the finite 
element method in the ANSYS engineering analysis system from ANSYS, Inc. (USA). For the analytical solution, a 
computer model of thermal characteristics developed on the basis of the state-space method, implemented in the ANSYS 
Twin Builder module, was used. The state-space model was matched to the behavior of the original thermal model through 
approximating the transfer function to the stepwise response of the thermal load using the time domain vector 
approximation method. Verification of the constructed analytical model was carried out in the engineering calculation 
system MATLAB from the MathWorks company (USA). The research was carried out for a 400V machine model 
manufactured by NPO “Stankostroenie” LLC, Sterlitamak (Russia). 
Results. The developed digital model makes it possible to calculate the thermal characteristics of the design object with 
high accuracy. The results of the comparative analysis showed a high degree of correspondence between the values of 
thermal characteristics obtained using the proposed digital model and the results of numerical simulation. The maximum 
error in calculating thermal characteristics did not exceed 0.1ºC. 
Discussion and Conclusion. Computer modeling that combines numerical calculation methods and a scientific approach based 
on digital twin technology, provides obtaining the result as close as possible to the results of experiments. The digital model 
proposed in the study is an effective solution, since it provides performing calculations to evaluate thermal characteristics in real 
time, which is one of the most important requirements for the implementation of digital twin technology. 
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Аннотация 
Введение. Компьютерное моделирование позволяет инженерам принимать обоснованные проектные решения за 
счет точной оценки тепловых характеристик объектов проектирования. Актуальным направлением научных 
исследований и разработок является реализация технологии цифровых двойников в процессе проектирования 
технических объектов. Для этого необходимо разрабатывать компьютерные модели, точность которых 
соответствует требованиям, предъявляемым к цифровым двойникам. Однако в научной литературе недостаточно 
широко представлены результаты исследований, направленных на реализацию технологии цифровых двойников 
в процессе проектирования. В основном рассматриваются общие вопросы, связанные с применением цифровых 
двойников в различных отраслях промышленности. Поэтому целью данного исследования явилась разработка 
цифровой модели и сравнительный анализ точности расчетов тепловых характеристик объекта проектирования. 
Материалы и методы. В качестве основного инструмента для проведения исследования выступает 
предложенная авторами методика разработки компьютерной модели тепловых характеристик для реализации 
технологии цифровых двойников. Численное решение реализовано путем построения тепловой модели для 
расчета температурного поля на основе метода конечных элементов в системе инженерного анализа «Ansys» от 
компании «Ansys Inc» (США). Для аналитического решения применяется разработанная на основе метода 
пространства состояний компьютерная модель тепловых характеристик, реализованная в модуле «Ansys Twin 
Builder». Модель пространства состояний приводится в соответствие с поведением исходной тепловой модели 
путем приближения передаточной функции к пошаговому отклику тепловой нагрузки с применением метода 
векторной аппроксимации во временной области. Верификация построенной аналитической модели выполнялась 
в системе инженерных расчетов «MATLAB» от компании «The MathWorks» (США). Исследования проводились 
для станка модели 400V производства предприятия ООО «НПО «Станкостроение» г. Стерлитамак (Россия). 
Результаты исследования. Разработана цифровая модель, позволяющая с высокой точностью выполнить расчет 
тепловых характеристик объекта проектирования. Результаты сравнительного анализа показывают высокую степень 
соответствия значений тепловых характеристик, полученных с помощью предложенной цифровой модели, результатам 
численного моделирования. Максимальная погрешность расчета тепловых характеристик не превышает 0,1°C. 
Обсуждение и заключение. Компьютерное моделирование, сочетающее численные методы расчета и научный 
подход, основанный на технологии цифровых двойников, позволяют получить результат максимально 
приближенный к результатам экспериментов. Предложенная в исследовании цифровая модель является 
эффективным решением, поскольку позволяет выполнить расчеты для оценки тепловых характеристик в режиме 
реального времени, что является одним из важнейших требований при реализации технологии цифровых 
двойников. 

Ключевые слова: цифровой двойник, сложный технический объект, компьютерное моделирование, 
автоматизированное проектирование, температурное поле, тепловые характеристики 
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Introduction. Computer modeling has traditionally been an effective tool for solving thermal problems at an early 
stage of designing complex technical facilities. However, solving the problem requires an accurate assessment of the 
thermal characteristics of the design object to reduce the negative effects caused by an increase in temperature [1]. At the 
same time, one of the effective tools for preliminary assessment of thermal characteristics is simulation modeling in an 
engineering analysis system based on advanced digital solutions and developments. In [2], for example, a developed 
digital twin for determining thermal characteristics was presented by the authors Jianying Xiao and Kangoo Fan. The 
principle of operation of the twin was to simulate the thermal behavior of an object through displaying and correcting 
thermal boundary conditions. The experimental results showed a high accuracy of the model (more than 95%), which was 
essential for improving the accuracy of modeling thermal characteristics and thermal optimization. Therefore, the urgent 
direction of scientific research and development in the field of modeling is the use of artificial intelligence systems [3] 
and digital twins [4]. In [3] by Haoran Yi and others, an interactive model for correcting thermal boundary conditions 
based on a neural network was proposed to improve the accuracy of the analysis of thermal characteristics. The 
experimental results showed that the accuracy of calculating the temperature field exceeded 98%, and the accuracy of 
predicting thermal deformation was 96%, which effectively increased the simulation accuracy. In addition, in [5] by 
Kurganova N.V. and others, it was noted that digital twins were often used to improve physical prototypes of complex 
technical objects, since they not only allow for the information support for the design process, but also contribute to 
effective design decisions based on developments in the field of artificial intelligence.  

One of the characteristic features of digital twin technology is that reduced-order computer models are often used for 
simulation [6]. Therefore, the development of computer models is one of the basic conditions for the implementation of 
digital twin technology [7]. Model order reduction is an effective and mathematically understandable approach to 
overcome the time constraints of multidimensional simulation models. In [8] by Mirzoev D.A. and others, for example, 
a simple analytical model of thermal fields was proposed for the development of digital counterparts of the industrial arc 
welding process. Bordachev E.V. and Lapshin V.P. [9] presented the results of mathematical modeling of the temperature 
in the tool–product contact zone under metal turning. This approach provides obtaining an accurate assessment of thermal 
characteristics corresponding to the results of numerical experiments in real time. Schröder C. and Matthias V. [10] 
presented a reduced-order model and proposed a new model balancing procedure based on the transformation of the state 
shift. In conclusion, they presented the results of a comparative analysis and the results from literature sources obtained 
through a series of numerical experiments.  

The use of a linear and time-invariant reduced-order computer model allows for fast simulation while maintaining 
high calculation accuracy [11]. When developing a computer model, approximation [12] of the transfer function is 
performed to approximate the state space model to the step response of the initial thermal model [13]. Since the step 
response of the thermal load is derived from the base thermal model, the digital model should provide the same values of 
thermal characteristics. 

 However, despite the fact that recently there has been an increase in interest in the digital twin, the scientific literature 
does not widely present the results of research related to the implementation of digital solutions in the design of technical 
facilities. Based on a systematic review of the literature and thematic analysis of publications on digital twins, one of the 
key knowledge gaps associated with the development of mathematical, software and methodological support for high-
precision computer models in the framework of the implementation of digital twin technology has been identified.  

In this regard, the objective of the study was to develop a reduced-order computer model and analyze its feasibility as 
part of a digital model for accurate calculation of thermal characteristics of complex technical design objects.  

To achieve that, it was necessary to build a thermal model and calculate the temperature field of the design object, 
generate independent step responses of the thermal load using the developed software scenario [14], implement a digital 
model for calculating thermal characteristics, determine the error of calculations obtained using numerical and analytical 
solutions, and conduct a comparative analysis of the simulation results. 

Materials and Methods. The construction of the temperature field of the modeling object was performed for a 
homogeneous isotropic body on the basis of the equation of nonstationary thermal conductivity: 
 2 ,vT t a T q c∂ ∂ = +∆  (1) 

where T — temperature (°C); t — time (s); ( )a / c= λ ρ⋅  — diffusivity coefficient (m2/s); 𝜆𝜆 — thermal conductivity 

coefficient (W/m·°C); 𝑐𝑐 — specific heat capacity (J/kg·°C); ρ — material density (kg/m3); ∆ — Laplace operator;  
qv — volumetric heat dissipation power (W/m3). 
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The heat flow in the heat transfer process was assumed to be equal to the amount of heat transferred through an 
arbitrary surface area 𝑆𝑆 per unit time 𝑡𝑡. It is expressed by the following equation: 

 ,n
t S

Q q dSdt= −∫ ∫  (2) 

where Q — heat flow (W); qn — heat-flux rate (W/m2); S — surface area (m2). 
The density of the heat flux during heat transfer was determined from the formula: 

 ( ) ,c Sq S T T∞= α ⋅ ⋅ −  (3) 
where α — heat transfer coefficient (W/(m2°C)); TS — surface temperature (°C); T∞ — ambient temperature (°C). 

In this regard, to calculate the temperature field of the modeling object according to formula (1), heat flows (2) and (3) 
were set, which determined the amount of heat passing through the surface per unit time. 

A component (Fig. 1) of a metal-cutting machine 400V model manufactured by NPO “Stankostroenie” LLC 
(Sterlitamak, Russia) in the form of a drillhead was selected as the object of modeling. 

 
Fig. 1. Geometric model of the object in ANSYS Design Modeler: 1 — housing; 2 — electric motor;  
3 — spindle assembly; Q — heat flows; qv — volume heat release power; qn — heat flux densities;  

a — heat transfer coefficient; T1–T4 — temperature sensors 

Since the amount of heat released mainly by the electric motor (electromagnetic losses) and the spindle assembly 
(mechanical friction losses) was taken into account for calculating the temperature field, electric motor qv1 and 
spindle assembly qv2, were taken as internal heat sources, near which the corresponding heat flows Q1 and Q2 were 
set. The densities of heat fluxes qn1, qn2 were assigned to surfaces located near the electric motor and spindle 
assembly, respectively. 

Convection was determined by the heat transfer coefficient 𝛼𝛼 taking into account the conditions of heat transfer 
(natural convection in air). Since the machine is in contact with a gaseous medium (air), the amount of heat given by the 
heated surface to the environment per time unit t, is directly proportional to the difference in temperature between surface 
TS and medium T∞ depending on the area of the heat-emitting surface S (3). 

When constructing a thermal model of an object (solid) consisting of a homogeneous material (structural steel) with 
constant thermophysical properties and the presence of internal heat sources, the following initial and boundary conditions 
were assigned: 

− initial conditions took into account the fixation of a constant temperature over the entire surface of the modeling 
object (t = 0: T = T0 = const); 

− boundary conditions of the second kind were set by the heat flows of the electric motor (Q1), the spindle assembly (Q2), 
the density of the heat flux (qn1) from the electric motor to the front wall of the housing and (qn2) to the inner surfaces; 

− boundary conditions of the third kind were set by the heat transfer coefficient (α) for the surfaces located inside the 
body of the drillhead; 

− boundary conditions of the fourth kind for the contact joints of the surfaces took into account the perfect thermal 
contact and the absence of thermal resistance: 

 1 10 0
0 0

; .v
T TT T q
n n− +

− +

∂ ∂
= λ = λ +

∂ ∂
 (4) 

Heat flows (Q1, Q2), heat flux densities (qn1, qn2), as well as volume heat dissipation capacity (qv1, qv2), were assigned 
in accordance with well-known recommendations for metal-cutting machines [1]. Boundary conditions, as well as heat 
flows, were set for external surfaces. Therefore, it was taken into account that the interrelationships of thermal fields were 
present only between the outer surfaces. 
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Differential equation (1), together with the initial and boundary conditions of the second (2), third (3) and fourth (4) kinds, 
is a mathematical formulation of the problem. The task was solved using numerical and analytical modeling methods. 

The numerical solution was performed on the basis of the finite element method in the ANSYS engineering analysis 
system, which is being developed by ANSYS Inc. (USA) and supplied by “Modeling and Digital Twins” AO, an 
authorized ANSYS distributor in Russia. The geometric model (Fig. 1) of the object was imported into the ANSYS 
Workbench project with the addition of the Transient Thermal analysis block. In the numerical solution, the simulation 
parameters and boundary conditions of the thermal model were calibrated (Table 1) to approximate the model temperature 
values to the experimental data. 

Table 1 
Boundary conditions (parameters) of the thermal model 

Parameter 
Heat dissipation capacity Heat flows Heat flux densities Heat transfer 

coefficient 
qv1, W/m3 qv2, W/m3 Q1, W Q2, W qn1, W/m2 qn2, W/m2 а, W/(m2·°С) 

Value 6,500 1,000 28 15 32 18 15 

In the ANSYS Mechanical module, the initial (initial temperature T0 = 24 °С) and boundary (Table 1) conditions were 
assigned for the developed grid model, the temperature field was constructed (Fig. 2). In this case, the thermal 
conductivity coefficient was assumed to be equal to λ = 60.5 W/(m·°С) and was assigned as such for structural steel. 

The thermal model of the object included two contact connections for an electric motor and a spindle cartridge with a 
drillhead body, and contained 7 thermal boundary conditions. The developed grid model consisted of 16,309 elements 
and 58,527 nodes. 

The total simulation time of 21,600 seconds (6 hours) was divided into intervals (1 hour) and steps ∆t = 360 seconds 
(6 minutes), a total of N = 60 steps within which the parameters of the thermal model (boundary conditions) were assumed 
to be constant and independent of time. 

 
Fig. 2. Temperature field of the object in ANSYS Mechanical  

The calculation of the temperature field was required to generate an independent step response of the thermal load, 
containing information about temperature variation over time (thermal characteristics) for each parameter (Table 1) of 
the thermal model separately: 
  ( ) ( ) 1, , 1, ,i , jiy t T t ,i k j m= = =  (5) 
where k — number of temperature sensors; 𝑚𝑚 — number of parameters of the thermal model. 

Step response generation was performed in the ANSYS Mechanical module using the Application Customization 
Toolkit (ACT) extension, which supported the implementation of user scenarios. This made it possible to develop a 
software script in the Python programming language to automatically generate a special set of files containing independent 
step responses [14]. 
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The analytical solution was performed on the basis of the state-space method through constructing a model of thermal 
characteristics according to the formula: 

 ,
x Ax Bu
y Cx Du
= +

 = +



 (6) 

where x x / t= ∂ ∂  — derivative of state vector 𝑥𝑥 over time t; y and u — vectors of output and input data, respectively;  
A, B, C, D — matrices of constant coefficients. 

In equation (6), vector x = (x1, x2, …, xN)T  contains state variables, input vector 
u = (qv1, qv2, Q1, Q2, qn1, qn2, T01, T02, …, T0k)T — values of the parameters of the thermal model (boundary and initial 
conditions), output vector y = (T1, T2, …, Tk)T — values of thermal characteristics. 

The transfer function model is expressed by the following equation: 

 ( ) ( )
1

, 1 ,
m

i i , j j
j

y t H t u i ,k
=

= =∑  (7) 

where H — matrix complex transfer function. 
Matrix transfer function 𝐻𝐻 is obtained through applying the Laplace transform to formula (6), which is expressed by 

the following equation: 
 ( ) ( ) 1 ,H s C sI A B D−= − +  (8) 

where s — Laplace complex variable; I — unity diagonal matrix. 
Transfer function (8) reflects the dependence of the Laplace transform of output variable Y(s) = H(s)U(s) on the 

Laplace transform of the input variable U(s) of model (6) under zero initial conditions x(0) = x0 = 0. In this case, the 
dimension of the transfer function matrix 𝐻𝐻 depends on the output value k = 4 and the dimension of the input value 
m = 10, which corresponds to the dimension of the initial step response (5). Therefore, model (6) is brought into line with 
the behavior of the source thermal model through approximating its transfer function (7) to step response (5) using the 
vector approximation method [15]. 

To construct the coefficient matrices of model (6), a reverse transition is performed from transfer function (8) to the 
model in the state space. In this case, transfer function (8) takes the form of the equation, whose denominator contains a 
characteristic polynomial of degree l = 4 (the order of the system), and the numerator contains a polynomial of degree 
z = l – 1: 

 ( ) ( )
( ) ( ) ( )0 0

1 1
, , ,

z li i
i i

i i

P s
G s P s b b s Q s a a s

Q s = +
= = + = +∑ ∑  (9) 

where a and b— coefficients of polynomials Q(s) and P(s), respectively. 
The roots of polynomials Q(s) and P(s) represent the poles and zeros of transfer function (8), respectively. The method 

of indefinite multipliers is applied to equation (9) to decompose each element of matrix 𝐻𝐻 into elementary fractions. 
Denoting the poles of the characteristic polynomial by 𝑝𝑝𝑖𝑖, we obtain an equation of the following form: 

 ( )
1

,
q i
i i

RG s D
s p=

= +
−∑  (10) 

where ( ) ( )
( )i

i i
p p

P s
R lim s p

Q s→
= −  — matrix of dimension (k × m); q — number of poles. 

The rank of matrix Ri is denoted by ri, and its decomposition into the product of two matrices with the full rank of the 
column and row, respectively, is performed: 
 ( ), .i ik r r m

i i ii iR C B rank R r× ×= =  (11) 

The matrices of model (6) are diagonal, of dimension An×n, Bn×m, Ck×n, Dk×m (n = 56) and contain elements that are 
obtained directly from the coefficients of transfer function (10). 

System matrix A and control matrix B contain the following coefficients: 

 

1 1

2

2 1

3 2

0 0 0 0 0
0

0 0 0 0
, .

0 0 0 0

0 0 0 0 0

i i

i

i q

i q im

qn qm

p b
b

p b
A B

p b b

p b

   
   
   
   

= =   
   
   
   
      

 

      

  

 

        

 

 (12) 
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Output matrix C and feed forward matrix D contain the following coefficients: 

 
( ) ( )

1 1

1 1

0 0 0 0 0 1 0 0

, .0 0 0 0 0 0 1 0
0 0 0 10 0 0 0

i q

k i k q

k ,i k ,q

c c

C Dc c

c c
− −

   
   
   = =   
   
    

  

 

        

     

  

 

 
  

 (13) 

This approach makes it possible to perform the transition from a model in the form of transfer function (8) to a model 
in state space (6). The transition algorithms are also implemented in the MATLAB engineering calculation system of The 
MathWorks, Inc. (USA), in the form of special functions «ss2tf()» and «tf2ss()». 

To obtain the values of thermal characteristics, the Cauchy problem is solved for a system of ordinary differential 
equations, since in formula (6), variable x  is a derivative of the vector of states of the temperature field in time t. The 
solution to system of equations (6) is obtained using the fourth-order Runge-Kutta method.  

Verification of the constructed analytical model was performed through conducting a series of computational 
experiments using an application program developed in the MATLAB system, which included the implementation of the 
fourth-order Runge-Kutta method (Fig. 3). Computational experiments were conducted on a personal computer (AMD 
Ryzen 5 5600U processor with Radeon Graphics 2.30 GHz, RAM 16.0 GB, system type 64-bit Windows 10 Pro version 
21H2 operating system), whose characteristics were basic for modern computing technology. 

The constructed analytical model and the application of the fourth-order Runge-Kutta method for solving a 
system of differential equations made it possible to calculate the values of thermal characteristics with high accuracy 
(Fig. 3). Due to the fact that the maximum error values, i.e., the difference between the model values of thermal 
characteristics obtained using numerical (FE-Model) and analytical (LTI-Model) solutions, did not exceed 0.72 °C 
over the entire modeling interval. 

 
Fig. 3. Graphs of thermal characteristics in MATLAB system  

Linear and Time-Invariant (LTI) Reduced Order Model (ROM) was developed in the ANSYS Twin Builder module 
of the ANSYS engineering analysis system based on the object's temperature field and the step response generated in the 
ANSYS Mechanical module. 

The implementation of the digital model of thermal characteristics based on a temperature field using vector 
approximation consists in the sequential execution of seven main stages. 
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Stage 1. Importing a geometric model of an object and building a thermal model in an engineering analysis system. 
Stage 2. Calculation of the object's temperature field based on the developed thermal model. 
Stage 3. Generation of an independent step response based on the results of numerical modeling of the thermal 

characteristics of the object. 
Step 4. Application of the vector approximation algorithm to obtain the poles and zeros of the transfer function of the 

state space model. 
Stage 5. Building a model of the state space based on a known transfer function. 
Stage 6. Development of a computer model of thermal characteristics. 
Stage 7. Implementation of the digital model of the object. 
Thus, the proposed digital model containing a computer model for an accurate assessment of the thermal 

characteristics of complex technical design objects was obtained through sequential completing all the above steps. 
Research Results. The developed computer model (Thermal_SG400V_SML1) contains 6 inputs and 4 outputs (Fig. 4); 

this provides identifying the relationship between the parameters of the thermal model and the values of thermal 
characteristics. The volume heat release power (qv1, qv2), heat flows (Q1, Q2) and heat flux densities (qn1, qn2) were taken as 
input data of the computer model. The output data were thermal characteristics (T1–T4). The computer model is part of the 
digital model (Fig. 4 a) of thermal characteristics implemented in the ANSYS Twin Builder module. 

The values of the parameters of the digital model, presented in the tabular form (Fig. 4 c), are fed to the input of the 
computer model (Fig. 4 a) using the STEP components. The graphic module shows the values of thermal characteristics 
(Fig. 4 b) obtained at the output of the computer model. 

  
a) b) 

 
c) 

Fig. 4. Implementation of digital model in Ansys Twin Builder system: a — computer model of thermal characteristics;  
b — module for graphical representation of results; c — module for monitoring input data of the computer model 

During the development of the computer model, the limits of dimension from 2 to 4 orders, values of the target error 
ε = 5×10–3, and the tolerance for the zero order ε0 = 2×10–3 were set. The remaining parameters were set automatically, 
since the vector approximation method was as automated as possible in comparison to other methods that were supported 
in the ANSYS Twin Builder module. 

In the process of developing a computer model, the ANSYS Twin Builder module automatically generated a special 
matrix of approximation errors ( ) ( )ij i jiM || y t y t ||= −  in the time domain, each element of which reflected the difference 

between the values of the thermal characteristics of step response (5) and transfer function (7) of the model in the state 
space. It is expressed by the following equation: 

 3

0 43 4 04 1 53 4 97 2 22 1 82
0 21 2 22 2 54 1 07 1 16 1 95

10 .
2 66 1 63 0 39 0 26 3 43 1 82
1 46 3 21 0 06 0 84 2 95 3 50

. . . . . .

. . . . . .
M

. . . . . .

. . . . . .

−

 
 
 = ×
 
 
 

 (14) 

1 2 3 4 5 6

Time, s 3,600 7,200 10,800 14,400 18,000 21,600

qn 2 18.0 18.0 18.0 18.0 18.0 18.0

qv 1 6,500.0 6,500.0 6,500.0 6,500.0 6,500.0 6,500.0

Q 1 28.0 28.0 28.0 28.0 28.0 28.0

Q 2 15.0 15.0 15.0 15.0 15.0 15.0

Qv 2 1,000.0 1,000.0 1,000.0 1,000.0 1,000.0 1,000.0

qn 1 32.0 32.0 32.0 32.0 32.0 32.0
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In this case, the maximum relative error did not exceed value ε = 4.97 × 10–3. At the same time, all other error values 
turned out to be less than the specified limit ε = 5 × 10–3. Zero-error value in matrix (14) meant that the input was ignored 
due to a very small contribution. 

The estimation of the accuracy of the calculation of thermal characteristics using the proposed digital model was 
carried out through comparative analysis of the results obtained using numerical and analytical solutions. The comparative 
analysis was performed according to the criterion of maximum error. Maximum error ΔTmax, i.e., the difference between 
the values of thermal characteristics obtained using numerical and analytical solutions for all temperature sensors, was 
calculated at each time by the formula: 
 

1
,max j

j ,n
T max T

=
∆ = ∆  (15) 

where ΔTj = |Tj,f – Tj,d|  — error; Tj,f and Tj,d — temperature values of the finite element and digital models, respectively 
( 1 );j , m=  m — number of temperature sensors. 

To assess the digital model accuracy, an error calculation was performed, whose results were presented in the form of 
a surface (Fig. 5 a) and a linear graph (Fig. 5 b) of the maximum time error. The surface (Fig. 5 a) represented the 
calculated error values for each temperature sensor (dT1, dT2, dT3, dT4) individually and at each time point over the 
entire simulation interval. 

 

a) 

 
b) 

Fig. 5. Errors in the calculation of thermal characteristics: a — error for each temperature sensor;  
b — maximum error for all temperature sensors 
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The graph (Fig. 5 b) showed that for the selected time interval, maximum errorΔTmax did not exceed 0.1 °С. The error 
in calculating the thermal characteristics for each temperature sensor separately (Fig. 5 a) did not exceed the specified 
limits either. 

Discussion and Conclusion. The obtained results of computational experiments and the conducted comparative 
analysis confirm the efficiency of the proposed digital model, which provides calculating thermal characteristics with 
high accuracy ΔTmax = 0.052 °С, for further analysis and identification of the thermal model. 

The temperature field of the design object is influenced by many factors, which complicates the determination 
of the nominal values of thermal boundary conditions. To solve this problem, the study first analyzes the key 
technologies involved in the implementation of the digital twin of a complex technical object, then builds a thermal 
model and a computer reduced-order model LTI ROM of the transient temperature field. The developed computer 
model is used as part of a digital model that provides obtaining an accurate assessment of the thermal characteristics 
of the design object and thereby increases the efficiency of design procedures in the process of computer-aided 
design of complex technical facilities. 

The accuracy and efficiency of calculations of the reduced-order computer model and the source full-order thermal 
model are evaluated by comparative analysis of the simulation results. The results of computational experiments show 
that, from the point of view of calculation accuracy, computer models of reduced order and finite element models of full 
order are generally comparable in accuracy, the maximum calculation error is within the acceptable range and does not 
exceed 0.1°C. 

The results obtained during computational experiments do not contradict the results presented in the sources of 
scientific literature on similar topics and allow us to conclude that the use of the proposed digital model is effective for 
evaluating the thermal characteristics of complex technical objects in real time, which is one of the most important 
conditions for the implementation of digital twin technology.  

However, changes in the temperature field of a complex technical facility still depend on many factors. Therefore, in 
further research, it is necessary to develop computer models of thermal deformations and conduct effective optimization 
algorithms based on artificial intelligence to provide the reliability of simulation results obtained using digital twins. 
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