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Abstract  
Introduction. Numerous researchers of the reliability of building structures pay attention to hardness, an important 
characteristic of the structural material. It is determined by indentation — pressing the tip of the tool into the surface. The 
advantages of dynamic indentation methods and the distribution of stress intensity on the surface and inside the sample 
are investigated. However, the condition of layered materials on impact has been poorly studied. The objective of the 
presented work is to consider indentation for a two-layer sample and determine the sensitivity of the top layer to the 
strength of the substrate. This will allow us to identify significant characteristics of the strength properties of 
homogeneous and heterogeneous structures. 
Materials and Methods. An elastoplastic model of material behavior and a shock indentation scheme were used, which 
took into account the masses of the indenter and the striker coupled by linear springs. The surface of the indenter was 
conical, the opening angle was 120°. The impact was simulated in the MATLAB system. Finite element model in Ansys 
APDL was used to verify the data and analyze the results of the experiment. Traditional models of elasticity theory were 
used for calculations. The behavior of the material in the zone of plastic deformation was described using the options of 
multilinear isotropic hardening and the von Mises plasticity criterion. 
Results. The results of comparing three versions of varying the level of yield strength in the bottom layer are presented: 
when the yield strength in the bottom layer is half as high as the top one, equal to it, and twice as high. Displacements at 
different observation points for samples with a top layer of 2 mm and 1 mm were analyzed. In the first case, under horizontal 
shear, the displacement indices inside the sample did not change if the yield strength level was twice lower or higher than in 
the top one. If these indicators were equal, the difference became noticeable. In the second case (layer 1 mm), the difference 
in displacement was visible at all observation points. Thus, it can be reasonably concluded that a structure with a smaller top 
layer is more sensitive to impact. In the course of the research, it became known that vibrations associated with the transition 
to the plasticity zone occurred in the 2 mm zone, and elastic damping vibrations occurred below this zone. We solved the 
classification problem for the top layer of the material with changing characteristics of the base. The indicator for comparison 
was the Brinell hardness (HB) in the range of 200–600. The results were processed using a neural network and visualized in 
the form of graphs. The accuracy of its calculations was 98%.  
Discussion and Conclusion. To determine the strength properties of homogeneous structures, it is sufficient to 
characterize the speed of displacement inside the sample. For an inhomogeneous structure, additional parameters should 
be introduced — displacements on the surface and inside the sample at fixed observation points. An integrated approach 
to determining the strength properties of an inhomogeneous structure improves the accuracy of calculations, and the use 
of neural networks increases their speed. 

Keywords: multilayer structure, layered material on impact, yield strength level, Brinell hardness, strength of 
heterogeneous structure 
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Оригинальное эмпирическое исследование 

Определение динамических напряжений и перемещений при действии ударной 
нагрузки на двухслойную конструкцию в процессе индентирования 
Н.Е. Бабушкина , А.А. Ляпин  
Донской государственный технический университет, г. Ростов-на-Дону, Российская Федерация 
 copybird@yandex.ru 

Аннотация 
Введение. Многие исследователи надежности строительных конструкций уделяют внимание твердости — важ-
ной характеристике конструкционного материала. Ее определяют индентированием — вдавливанием наконеч-
ника инструмента в поверхность. Исследуются преимущества методов динамического индентирования, распре-
деление интенсивности напряжений на поверхности и внутри образца. Однако мало изучено состояние слоистых 
материалов при ударе. Цели представленной работы — рассмотреть индентирование для двухслойного образца 
и определить чувствительность верхнего слоя к прочности подложки. Это позволит выявить значимые характе-
ристики прочностных свойств однородных и неоднородных конструкций. 
Материалы и методы. Использовали упруго-пластическую модель поведения материала и схему ударного ин-
дентирования, которая учитывает массы индентора и ударника, сцепленных линейными пружинами. Поверх-
ность индентора — коническая, угол раскрытия — 120°. Удар моделировали в системе Matlab. Конечноэлемент-
ную модель в Ansys APDL применили для верификации данных и анализа результатов эксперимента. Для расче-
тов взяли традиционные модели теории упругости. Поведение материала в области пластического деформирова-
ния описали с помощью опций мультилинейного изотропного упрочнения и критерия пластичности Мизеса. 
Результаты исследования. Приводятся итоги сопоставления трех вариантов варьирования уровня предела те-
кучести в нижнем слое: когда предел текучести в нижнем слое вдвое меньше верхнего, равен ему и вдвое больше. 
Проанализированы перемещения в разных точках наблюдения для образцов с верхним слоем 2 мм и 1 мм. В пер-
вом случае при горизонтальном сдвиге не меняются показатели перемещений внутри образца, если уровень пре-
дела текучести вдвое ниже или выше, чем в верхнем. При равенстве этих показателей разница становится замет-
ной. Во втором случае (слой 1 мм) разница перемещений видна во всех точках наблюдения. Так можно обосно-
ванно заключить, что конструкция с меньшим верхним слоем более чувствительна к ударному воздействию. В 
ходе изысканий стало известно, что в зоне 2 мм совершаются колебания, связанные с переходом в зону пластич-
ности, ниже этой зоны — упругие затухающие колебания. Решили задачу классификации для верхнего слоя ма-
териала с меняющимися характеристиками основания. Показатель для сравнения — твердость по Бринеллю (НВ) 
в диапазоне 200–600. Результаты визуализировали в виде графиков и обработали с помощью нейросети. Точность 
ее вычислений составила 98 %. 
Обсуждение и заключение. Для определения прочностных свойств однородных конструкций достаточно харак-
теристики скорости перемещения внутри образца. Для неоднородной структуры необходимо вводить дополни-
тельные параметры — перемещения на поверхности и внутри образца в фиксированных точках наблюдений. 
Комплексный подход к определению прочностных свойств неоднородной конструкции повышает точность рас-
четов, а использование нейросетей — их скорость. 

Ключевые слова: многослойная конструкция, слоистый материал при ударе, уровень предела текучести, 
твердость по Бринеллю, прочность неоднородной конструкции  
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Introduction. When designing and operating building structures, strict requirements are specified to their strength 
and reliability [1]. The literature discusses the issues of reliability of the structure [2], as well as the preservation of its 
operational properties throughout its entire service life [3].  
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From an engineering point of view, hardness is one of the important material specifications. It is associated with 
mechanical properties, such as yield strength, tensile strength, endurance, etc. Hardness of the material is determined by 
pressing the tip of the tool into the surface. There is a distinction between static and dynamic indentation. The static 
indentation test involves the indentation of a solid indenter into a flat and smooth surface of a soft material (target), whose 
mechanical properties are determined by the measured dependence of the applied load on the depth of penetration. Static 
methods do not allow us to evaluate the physicomathematical characteristics of the material under dynamic loading 
conditions [4]. Dynamic indentation methods are used for this purpose [5]. 

GOST R 56474–20151 presents dynamic indentation as the introduction of an indenter into material under the action of a 
single shock pulse created by a special acceleration device or gravity. This approach applies to non-destructive testing methods. 
Their basic principle is safe inspection, determination of the integrity, and basic working properties of the object [6]. The primary 
advantage is the ease of use. 

Indentation testing is a complex process that includes contact mechanics, material nonlinearity, and fracture 
mechanics. For general cases, it is very difficult to obtain analytical solutions. Therefore, the understanding of the 
processes under consideration is based mainly on experiments and finite element modeling. 

Elastic contact was first studied by G. Hertz [7] at the end of the XIX century. He tried to find an accurate definition 
of hardness using an elastic process. Later, J.V. Boussinesq developed a method based on potential theory for calculating 
stresses and displacements in an elastic body loaded with any rigid axisymmetric indenter. As for the depressions 
associated with plastic deformation, early research focused on yield strength and tensile strength. 

Publications pay attention to the methods of dynamic indentation to determine the strength properties of structures. 
Thus, N.N. Avtonomov and A.V. Tololo considered the problem of pressing a spherical indenter into an elastoplastic 
material [8]. The authors analyzed the distribution of stress intensity on the surface and inside the sample. Thus, it became 
known that the zones of maximum intensity are located at a short distance from the contact zone of the indenter and the 
sample, and expand with increasing load. 

Foreign authors [9] have developed a method of dynamic indentation, which consists in measuring the depth and 
reaction to the load of the sample during the indentation process. To determine the depth, a displacement measurement 
method based on moire interferometry was used. The load was measured with a quartz sensor. The results of numerical 
simulation by the finite element method indicated that this approach was in good agreement with the values obtained 
using traditional methods for determining the strain rate. 

Scientists considered strength properties of materials in the indentation process. Many papers are devoted to this, for 
example [10]. The study of the behavior of the “target” under the mechanical loads plays a key role in the development 
of new materials, structures and products [11]. Comprehensive research makes it possible to solve the problems of 
optimizing operating procedures, providing the reliability of structures, and preventing failures in their operation. 

The solutions obtained open up the possibility of creating more efficient and sustainable structures [12], which 
determines the relevance of research in this direction. At the same time, the issue of the state of layered structures under 
impact is still insufficiently studied. 

The work is aimed at analyzing stresses and displacements in a two-layer structure and identifying the sensitivity level 
of the top layer of the sample to the strength of the substrate. The study will allow us to establish significant characteristics 
for determining the strength properties of homogeneous and heterogeneous structures. 

Materials and Methods. The diagram of the impact indentation device is shown in Figure 1. 

 
Fig. 1. Diagram of the impact indentation device 

 
1 GOST R 56474–2015. Space Systems. Non-destructive Testing of Physical and Mechanical Properties of Space Technique's Materials and Coatings 
by Dynamic Indentation. General Requirements. Electronic Fund of Legal and Regulatory Documents. URL: https://docs.cntd.ru/docu-
ment/1200122009 (accessed: 14.05.2024). 
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https://docs.cntd.ru/document/1200122009
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The system of differential equations corresponding to the dynamics of the mechanical elements of the shock 
indentation device has the form: 

 ( ) ( )
( )

1 1 1 2 1

2 2 2 2 1 2 1

,
.

m x k x x F t
m x k x k x x

= − −
= − − −





 (1) 

This is how the oscillatory process of a dynamic system with two masses is described: m1 — mass of the indenter;  
m2 — mass of the striker. The masses are coupled by linear springs with stiffness k1 and k2, respectively [13]. The values 
of vertical displacements x1(t), x2(t) as degrees of freedom of massive elements are unknown in time. The striker was 
cocked to height h. After descending, at the moment of contact with the indenter, he reached the speed 

 
2

2
20

2
2 .k hv gh

m
= +   

Thus, the initial conditions should be added to the system (1): 
 ( ) ( ) ( ) ( )1 1 2 2 200 0, 0 0, 0 0, 0 .x x x x v= = = =   (2) 

Value F(t) of the resistance force from the injected material is unknown. 
We assume that the surface of the indenter is conical with opening angle α = 120 degrees. Therefore, it is required to 

use an elastic-plastic model of the behavior of the test material. At the apex of the cone, the onset of impact and plastic 
deformation coincides. 

The impact process was modeled in the MATLAB system. This made it possible to select the mechanical parameters 
of the installation. A finite element model in the Ansys APDL environment was used to verify the data and analyze the 
results of the experiment. A two-layer construction was considered. Its displacements and stresses arising in a two-layer 
sample under the action of a dynamic load were analyzed. Traditional models of elasticity theory were used in the 
calculations. To describe the behavior of the material in the zone of plastic deformation, the options of multilinear 
isotropic hardening and the von Mises plasticity criterion were used: 
 ( ) 0.y e yf ,σ σ = σ −σ =  (3) 

where σe — von Mises equivalent stress, ( )23 1: ,
2 3e ytr σ = σ σ− σ σ 
 

 — uniaxial yield strength. 

To control the convergence accuracy, a finite element grid was pre-selected. When studying the parameters of a two-layer 
structure, we considered three options for varying the level of yield strength in the bottom layer in three cases — when the yield 
strength in the bottom layer is half as high as the top one, equal to it, and twice as high (Table 1). 

Table 1 
Structure and Parameters of the Studied Structures 

No. 
Level of yield strength in the bottom layer relative to the top one  

(strength coefficient K) 

Level, mm 

top bottom 

1 1/2 

1 9 2 1 

3 2 

4 1/2 

2 8 5 1 

6 2 

A detailed analysis of the displacements at different observation points clearly shows the difference in the nature of 
displacements in the zone of plastic deformations. To study the displacements, the following scheme was selected (Fig. 2). 
The top layer of the structure was highlighted in a darker gray color for clarity. 
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a) b) 

Fig. 2. Determination of points for measuring vertical and horizontal displacements: a — construction with a top layer of 1 mm;  
b — construction with a top layer of 2 mm. Numbers 1, 3 and 5 indicate the level of yield strength in the bottom layer relative  

to the top one in accordance with Table 1 

Research Results. Figure 3 shows a comparative characteristic of the displacement level on the sample surface with 
a horizontal shear of the observation point from the impact point.  

With top layer of 1 mm With top layer of 2 mm 

  

a) b) 

  

c) d) 

  

e) f) 
 

КЕ = 0.5  КЕ = 1  КЕ = 2 

Fig. 3. Displacements on the sample surface at various contact points: a, b — at the 1st contact point;  
c, d — at the 3rd point on the surface; e, f, — at the 5th point on the surface 
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Evidently, for a two-layer structure with a top layer of 2 mm, a change in the yield level at the 1st and 3rd contact points 
during horizontal shear does not affect the displacement parameters inside the sample. At the 5th point, the difference 
becomes noticeable. For a structure with a top layer of 1 mm, the difference in the level of displacement is noticeable at all 
observation points. It can be concluded that a structure with a smaller top layer is more sensitive to impact. 

Figure 4 shows the distribution of stress intensity at different levels of the top coating. These data suggest that 
fluctuations associated with the transition to the plasticity zone occur in the 2 mm zone, and elastic vibrations that fade 
over time occur below this zone. 

  

 
a) 

  

 
b) 

  

 
c) 

Fig. 4. Stress intensity at different values of strength coefficient K, MPa: a — К = 0.5; b — К = 1; c— К = 2  
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Figure 5 shows graphs of stresses on the surface at various observation points.  

With top layer of 1 mm With top layer of 2 mm 

  

a) b) 

  

c) d) 

  

e) f) 
 

КЕ = 0.5  КЕ = 1  КЕ = 2 

Fig. 5. Stresses on the sample surface at various contact points: a, b — at the contact point; 
c, d — at the 3rd point on the surface; e, f, — at the 5th point on the surface  

To analyze the influence of the base on the strength properties of the sample, the problem of classification [13] by the 
value of Brinell hardness (HB) of the top layer of the material with varying characteristics of the base was solved. Within 
the framework of the study, five classification groups were identified (Table 2). 

Table 2 
Classification Groups 

No. Group Value of HB 
1 I 200 
2 II 300 
3 III 400 
4 IV 500 
5 V 600 
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The calculated values obtained using a mathematical model were fed to the input of a neural network. Figure 6 
shows the values of speeds and displacements for the selected hardness groups. 

 
a) 

 
b) 

Fig 6. Calculated values for classification groups:  
a — rate of indenter introduction; b — displacements 

For further data processing, a created and trained neural network with a fully-connected structure was used [14]. It is 
worth noting that neural networks have extensive capabilities in solving this type of tasks [15], in particular, in the sphere 
of construction [16]. Neural networks are often used for qualitative assessment, forecasting and monitoring of the 
condition of building structures [17], as well as for parametric identification of objects [18]. The increase in computing 
power of neural networks directly affects the development of their functionality [19]. 

The accuracy of neural network calculations was 98%. Therefore, the neural network correctly analyzes the 
experimental data and is able to adequately take into account the behavior of the material under shock loading. 

Discussion and Conclusion. Thus, the analysis of the distribution of displacements and stresses in the sample allows 
us to draw a number of conclusions. 

1. Level of vertical displacements in the wave process is much higher than in the horizontal one. 
2. Level of stiffness of the substrate affects the distribution of displacements and stresses.  
3. In the more solid bottom layer, the displacement is noticeably less than in the soft one. 
4. Top layer is sensitive to the strength of the substrate if its height does not exceed 1 mm. 
5. With distance from the indentation site, the deformations become elastic, the stress does not go out into the zone of 

plastic deformations. 
Based on the research results, it can be argued that to determine the strength properties of homogeneous structures, 

one value characterizing the speed of displacement inside the sample is sufficient. For an inhomogeneous structure, it is 
required to introduce additional parameters, such as displacements on the surface and inside the sample at fixed 
observation points. An integrated approach to determining the strength properties of an inhomogeneous structure will 
improve the accuracy of calculations. And the use of neural network technologies to solve this type of problem opens up 
the possibility of faster calculations. 
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